
Interpreting by the gap hypothesis and pragmatic reasoninge

A major problem for any theory of vagueness is posed by the Sorites paradox. According
to the radical pragmatic solution to the problem (Gaifman, 2010; Pagin, 2011; Rayo ,2010,
and van Rooij, 2010, arguably all based on Wittgenstein, 1953), we can appropriately use a
predicate P in a context if and only if it helps to clearly demarcate the set of objects that
have property P from those that do not (the gap-hypothesis). This solution seems natural:
the division of the set of all relevant objects into those that do have property P and those
that do not is (i) easy to make and (ii) worth making. In those circumstances, the tolerance
principle (∀x, y((Px ∧ x ∼P y) → Py)) will not give rise to inconsistency, but serves its
purpose quite well. Only in exceptional situations i.e., when we are confronted with long
sequences of pairwise indistinguishable objects — do things go wrong.

Unfortunately, there is a major problem with this apporach: the gap hypothesis seems
too strong: Even if there is no clear demarcation between the bigger and the smaller persons
of the domain, certainly the tallest person can be called ‘tall’. Thus, the gap-hypothesis as
usually implemented doesn’t allow for exceptional situations.

We will implement the gap-hypothesis such that it can also account for the exceptional
situations, by combining Cobreros et al’s (2012) three-valued semantic analysis of vagueness
with a non-monotonic approach to account for the distinction between normal and excep-
tional circumstances. We will assume that sentences will be interpreted as true as possible,
and (following Cobreros et al, to appear), we will account for this defining a pragmatic
interpretation-relation, PRAG, which in turn is defined in terms of van Fraassen’s (1969)
fine-grained notion of meaning (truth-makers). In terms of PRAG, we will define a non-
monotonic consequence relation, |=prpr, that interprets premises and conclusion as strongly
as possible. In contrast to our earlier papers we will propose that there is a difference between
similarity-statements that are strictly true, and those that are only tolerantly true.

It will turn out that with these two different notions of truth similarity statements can
have (strict is better), inferences 1 and 2 are predicted to be valid,1 but 3 is not:

(1) Tolerance, Px1,¬Pxn |=prpr ¬(x1 ∼P x2 ∧ · · · ∧ xn−1 ∼P xn)
(2) (Tolerance,) Px1, x1 ∼P x2 · · ·xn−1 ∼P xn |=prpr Pxn

(3) Tolerance, Px1,¬Pxn, x1 ∼P x2 ∧ · · · ∧ xn−1 ∼P xn 6|=prpr Pxn

Prediction 1 basically says that if we have a sequence going from truth value 1 to 0, you
expect this to be due to a gap (a pair xi, xj such that xi 6∼P xj). Prediction 2 means that if
you explicitly say that x ∼P y (and do not say much more) then you expect that Px and Py
have the same truth value: in this case, both value 1. Prediction 3 shows that this expectation
can be cancelled if it is explicitly said that another individual in the transitive closure of the
similarity relation (of course, the similarity relation is only transitively closed with respect
to strict truth) does not have property P . This shows that |=prpr is non-monotonic.

Making use of the new consequence relation |=prpr we can diagnose the Sorites reasoning
with the tolerance principle as explicit premise as invalid, even though all the premises are
true and all the steps are valid. We will discuss whether and how our new approach can
account for the intuition that if we express that John is borderline tall by the contradiction
Tj ∧ ¬Tj, conjunction-elimination should not be valid Tj ∧ ¬Tj 6|=prpr Tj.

1Though not if one knows that x1, · · ·xn are all the individuals.
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